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Appendix: Ov Vaughi-two-cardinal theorem
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We first review some fadts on two-cardinal theorem

cardina ity « mai every ﬁmm sx&bmt of T im\ a gih,&«e f\mfi\i A a‘g . i;&&:;g

{PMl= py) T has a (A, g)-model.

Drefinition 2. Lot T be an equivalence reladion oo inerensing se

anmbers << n, such that », E my implies 9, my have the same &
1) We ca]} the ;"ur {n, B} an 1dmmn {in [2] we call it an ide mﬁm‘i‘i )
(2} We say A~»(n, E),, when if for every [ <o f : ,\-~> . is an { m'wr‘ fanet

then there are a, <, <> - <a,. <A, which reatizs (o, B} e ‘
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(3 Let (m EY he 4 subidentity of {n, E\ if thete are ifﬂ} <I~ o ke -
aueh xh.:t

T!!eorem 3 H f()l’{ﬁ‘“iﬂﬁ mmiii;cmi on }sx ,«;},1, AP are e

(E !} i\;\h tut“ "G;:* g\é\‘ * ?*

{33 lhew are funcfmm fi: 1\»%;; ({<w, f is l;;{al o, swech thot i G
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Definition 5. U=1" N, Ny} 15 the smallest ser of identitie . ¢
set of identities, containing the rivial identity {1, EY and ¢

LA g, then A {, B,
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wican assume A =t and by rm definition of I, it xuﬂ;a cs 10

Teai{n BY, then wo )
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Claim 8, There are -place fonctions
{1y fio- ooy @y, satisfies:
i wlxg, . 018 poimidtive, and '
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(a1, Sy s
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. all natural sumbers

me‘ Tm ial; we define by induction on n, fmxtc SET 413
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now we define £, so that fi{ae. .. 3= ity belongs o some &,
it has cotably smany

Lemms 9. Suppose M is @ model, its wniverse is w, and

Functions and relarions, including <2 {the nanrad freg

constanis, such that condition (1) of 1.8
Then there is o model N such that:

is satisfied.

{1y ] tends M. and s universe {8 w;
{2y <Y is the usua! ordering,
{3y if (XY s primitive and NEED@(X). then MEED

Proof. This is a case of Theorem 13 in {1} et 4 1

Proof of Vaught s two~cardingl theorem., The theorem states: for all A=
(A, )y 00 Mok {That means: #8 77 & 3 theoary in a countable fangy
Ch, wd model then 1 hias an (8, N model),

We gel a Il move. For a countable theory T if every finite qzi&c? of T has a

N - —

{}‘iiv ;\m;,
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{3 ) model, then T bas an N, No) one. {{A, i

1y Theorem 3 it is enough to prove that there are functions £ N
is [-place, such that ¥ (»n, B} is realized then A-+{n. B} . By 8, 4, ¢

functions realizing only the identities of I, and by 6 it is enough,
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